INTRODUCTION
Recently, many authors investigated the analyticity problem for Co semigroups generated by second-order differential operators of the type Au [ ␣ uЉ q ␤ uЈ, w x Ž . Ž . Ž . Ž . where ␣, ␤ g C 0, 1 , with ␣ x ) 0 in 0, 1 and ␣ 0 s 0 s ␣ 1 , in the framework of L p or weighted L p -spaces, with or without Wentzell bound-Ž w x w x w x w x. ary conditions see, for instance, 19 , 15 , 3 , 5 . Here we ask that w x Ž . Ž . ␣ g C 0, 1 verifies ␣ x ) 0 in 0, 1 and restrict ourselves to the case where ␤ s 0. Our purpose consists of proving that, under suitable assumptions on ␣ , the analyticity of the semigroup generated by A can be w x obtained by means of the sufficient condition given by Neuberger 
Ž
. Let us introduce the weighted-L spaces 1 F p -qϱ , which are defined as follows:
In other words, L 0, 1 , 1r␣ is the L space on the interval 0, 1 Ž . Ž . equipped with the measure d x s 1r␣ x dx.
We are interested in the analyticity of the C -semigroup generated by 
As in the Introduction, in the following we shall assume that ␣ g C 0, 1 , with
for x g 0, 1 .
Ž . Ž .
² : Let us observe that the norm associated with the inner product и, и 1r ␣ given by u x¨x 1 Ž . Ž . Ž .
, and so¨g C 0, 1 . In-Ž . tegrating 1.3 from 0 to x, we seë
Denoting by
Ž . we see that 1.5 is equivalent to the problem
Ž . Ž .
1.6
Ž .
lim B¨x s 0.
Ž . 
where, in our case,
Ž . Ž Ž .. Using our hypothesis, 1.7 holds, and so
Next, we shall prove A, D A is also closed, and hence
by the second derivative test. Here J: X ª 2 X is the duality map for w x Ž w x. 5 5 Ž . C 0, 1 cf. 10 . Next consider the case x s 0, i.e., u s u 0 ; we
Then uЉ x tends to a strictly positive limit and uЈ x ª 0 as x ª 0 ; Ž . Ž . hence uЈ x ) 0 on 0, ⑀ for some ⑀ ) 0, and this is a contradiction. 
and, using the boundary conditions, we have
n n w x Applying the conclusion of Dorroh and Rieder 8, Lemma 3.1 , we see
X w x Thus, u ª uЈ uniformly on 0, 1 , and it follows that n uЈ 0 s uЈ 1 s 0;
Let us consider
THEOREM 2.1. Under the abo¨e assumptions, Then, u is continuously differentiable and uЈ is locally absolutely continu-Ž . ous in 0, 1 . Let us define 
Ž .
ii Assume in addition that
1 ŽŽ . . Ž . Then for any ) 0 and h g L 0, 1 , 1r␣ , the problem 2.1 has a unique N Ž .
Ž . Ž . whene¨er h x G 0 for all x g 0, 1 . 

Proof. The essential m-dissipativity of
Ž .
For ii , the essential m-dissipativity follows from the same argument as in Ž . Ž . Ž . Ž the proof of Proposition 1.1 iii see Remark 1.3 . We are done in i resp. Ž .. Ž . Ž N Ž .. ii if we can show that the operator is closed on D A resp. on D A .
w x w x Ž dissipative in C 0, 1 by Clement and Timmermans 6 resp. the argumentś Ž .. in the proof of Proposition 1.1 iii , we have, for each n, m g N,
. 
Ž . Ž . Ž .
But then u x y h x Ž . Ž . 
satisfies the following properties:
Ž . Ž . Ž . Ž .
1 ŽŽ . . L 0, 1 , 1r␣ . The argument for the superscript N is similar. Ž . Ž .
1, 1r␣
Therefore, for all t ) 0,
Ž .
p , 1r␣
and the Neuberger result applies. 
